APXH 1HY SEAIAAY

EIZAINQriKez EZETAZEIX

TEKNQN EAAHNQN TOY EZQTEPIKOY KAl TEKNQN EAAHNQN YIAAAHAQN MOY

YMHPETOYN ZTO EZQTEPIKO
EEETAZOMENO MAOHMA: MAOGHMATIKA NMPOZANATOAIZMOY
2ZABBATO 09 ZENTEMBPIOY 2023
2ZYNOAO ZEAIAQN: TPEIZ (3)

OEMA A

A1,

A2,

A3.

A4.

‘Eotw f pia ouvaprtnon, n omoia gival cuvexng oe éva didotnua A. Av

f'(x)>0, yia kK4Be cowTePIKO onueio X Tou A, 16T va deifete o1 n f
gival yvnoiwg augouoa oe 6Ao 10 didoTnua A.

Movdadeg 7
Méte n eubeia Y=L Aéyetar opiddvTia ACUPTITWTN TNG YPOAQPIKAG
mapdoTtaong Tn¢ ouvaptnong f oto +oo;

Movadeg 4

Na diatutmwoeTe To0 @ewpnua Tou Fermat.
Movddeg 4

Na xapakrnpicere 1IC TPOTACEIC TOU akoAoubBoUuv ypdeovra¢ OTOo
TETPGOI6 oag, dimAa oT0 ypduua mou avTIOoToIXEl o0& KGOe TpdTaon, 1n
Aéén ZwoTo, av n mporaon civar cworth, N Aa@og, av n mpdraon €ivai
AavBaouévn.

a) Av f,g e¢ivar d0o ouvaptAocelg kal opidovial ol oUVOETES
ouvaptioelg gof «kai fog, 7161e 01 gof ka1 fog dev cival
UTTOXPEWTIKA i0EG.

ouvXx-1_
X

B) loxuer 6T lim 1.
x—>0

v) Eav n ouvaptnon f eival ouvexAig oto X, Kal n guvaptnon g eivai

ouvexng oto f(X,), 16Te n ouvBeor Toug gof eival cuvexAg oTo X,.

B
8) Av n f eival ocuvexig ouvaptnon oTo [G, [3] psjf(x)dx=0, TOTE

kat’ avaykn 8a eivar f(x)=0, yia ka6¢ Xe[a, [3]
g) Av lim f(x)=+o0, 167¢ f(X)>0 kov1d oTOX,.
X—)XO

Movadeg 10

TEAOZ 1HY AMNO 3 ZEAIAES




APXH 2HSY SEAIAAY

OEMA B
Aivetal n ouvéptnon f: R > R pe tomo: f(x)=x®-3x* + 2.

B1. Na peAetioete Tn ouvdpTtnon f WG TTPOG Tn POvoTovia Kal Ta TOTIKA
akpoéTaTa.

Movdadeg 6

B2. Na Bpeite Ta diaoTApaTta oTa omoia n ouvaptnon f gival kupthA 4 KoiAn
Kal va TpoodlopiceTe (av uTTdpXouv) Ta onueEia KAPTAS TNG YPAPIKAG

mapdoTtaong tng f.

Movadeg 6

2
B3. Na umoAoyioete 10 oAokAfpwpa: I = If(X)dX :
1
Movdadeg 7

B4. Na amodeiete 011 n e€iowan f(x)=e* éxel pia TouhdaxioTtov pila oTo
diaotnua (0,1).

Movdadeg 6
OEMA T
Aivovtal ol cuvaptioeig g, h: (0, +oo)—>R ME TUTTOUG
e’ +1
a(x) = — KOl h(x) = Inx .
e -1
M. Na mpoodiopicete Tn ouvdaptnon f=goh.
Movdadeg 6
X +1 . X .
r2. Av f(x)=—1 , X>1, va amodeiete 6T n f avrioTtpégetal kar oTn
X_

ouvéyela va amodeifete 611 f'=f (6mou f ' eivar n avriotpoen Tng
ouvaptnong f).

Movdadeg 6

3. Na BpeiTe TIC ACUUTITWTES TNC YPAPIKAG TTapdoTaong tn¢ ouvaptnongf .

Movadeg 6

F4. Na egetaoete av n e§iowaon f(x)=0ouvx éxel AGon oto (1, + ).

Movdadeg 7
TEAOZ 2HZ AMO 3 JEAIAEZ




APXH 3HY SEAIAAY

OEMA A

AiveTal n ouvdpTtnon f:[1, 2] — R, n omoia €gival dUo Qopég TTapaywyiciun
OTO TMeEdIO OPIOPOU TNG KAl yIa TNV oTToia 1o0xUouV:

A1.

A2.

A3.

f(1)=0
f(2) =2
f(2) =1

f"(x)< 0 yia kGOe Xe[1, 2] :

Na atodeifete 6TI n ypagikn mapdotaon tn¢ f

i. £xel koIvé onpeio pe Tnv euBeia (&) y=—-x+2 (uovadeg 4)
KQl

ii. epamreTal otnv eubeia (€,): Y=X  (povadeg 4)
Movdadeg 8

Na ammodeiete 611 n ouvdptnon f avrioTpéperal kai va Bpeite To Tedio
OPIOPOU TNG AVTIOTPOYNG.
Movddeg 8

Na ammodeifeTe OTI fx) > 2—f(x)’ yla Ka0e Xe(1, 2).
x—-1 2-X

Movdadeg 9

OAHTIEZX (yia Touc e€gsTalouévouc)

210 €EWQPUAAO TOU TETPADIOU VA YPAWETE TO £CETACOPEVO UABNUA. XTO ECW@UAAO
TAVW-TTAVW VA CUPTTANPWOETE TA OTOMIKG OOG OToIXEia. XTNV apXn Twv
ATTAVTACEWV O0G VO YPAWETE TTAVW-TTAVW TNV NUEPOMPNVIA Kal TO €GETACOPEVO
pNABnua. Na pnv avTiypayere 1a Béuara oTo TETPAdIO KOl VA MN YPAWETE TToubevd
OTIG ATTAVTHOEIG 006 TO OVOUA 0OGC.

Na ypAWeTE TO OVOUATETTWVUNO 0OG OTO TTAVW PEPOG TWV QWTOAVTIYPAPWY AUECWS
MOAIG oag TTapadoBouv. Tuxov OnuEIWOEIS 0Oag TTavw oTa Bépara dev Ba
BaduoAoynBouv og Kapia TEPITITWON. Katd Tnv attoxwpenor] oag va TTapadwoETE
padi ge To TETPABIO KAl TA GWTOAVTIYPAPQ.

Na atmavtioeTe oTo TETPADIO 0ag 0 OAA Ta BEPATA MOVO [E PTTAE 1] MOVO PE Haupo
OTUAG pe peAdvi Tou Oev OB Vel.

Kdbe atrdvtnon €mMOTNUOVIKA TEKMNPIWMPEVN €IVl OTTOOEKTH).

Alapkela e¢ETaong: TPEIG (3) WPES META TN OIAVOUN TWV GWTOAVTIYPAPWV.

Xpovog duvarng ammoxwpnong: 17:00

2A2 EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ

TEAOZ 3HY AMO 3 ZEAIAES




